The case a -1 in this theorem is the theorem of Boas [2] , which in turn is a generalization of a theorem of Beurling [1] on the absolute convergence of Fourier series.
However, it has been shown by Leindler [4] and Sunouchi [5] 1 that the conditions (1) and (2) are equivalent. In fact, a more general result has been proved by R. Askey in his not yet published work which we shall need later and hence state here in the form of the following
The object of this paper is to prove Theorem 2 which is similar to Theorem 1; but as we shall see in the end the two theorems are independent of each other. Before we can state our result precisely, we need introduce a couple of notations and a definition.
We put
and (4) . Obviously, the converse is not true.
L™(h,x,f) = -± h
Again, it follows from the lemma that the condition (2) is equivalent to the condition
nd this is what we shall need in the proof of our theorem .
Proof. We can obtain by simple calculations that, for an even m,
and hence
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Similarly for an odd m, 
Also, by Holder's inequality
Therefore we obtain from (6), (7) and (8)
Now it is not difficult to see that the two series within the square brackets are covergent if and only if (5) and (2) To prove that the result of Theorem 2 is completely independent of Kinukawa's Theorem 1, we first see that g is a shrivel of order 1 of / if for all x and all h > 0, (9) 
t) -g(x -t)}dt
Now consider the 2ττ -periodic function defined by
Also let (9) is not satisfied for any A when x = 0 and h = TΓ. Conversely, since (9) can be satisfied when /, # are merely integrable, (9) does not imply that g is a contraction of /.
Finally we remark that Theorem 2 has its usual dual.
